高二數學(十二) 二重積分及三重積分
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1. 單變數積分
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二變數積分依此類推
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R表示積分區域(在此例中為矩形)
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曲面下的體積

顯然可知，R的面積
[image: image5.wmf]R

dxdy

=

òò


[image: image61.png]f(ic)

XN




積分區域
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則顯然，柱體T的體積為
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2. 重積分的線性性質
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3. 重積分的計算
若
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的範圍為

則
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若
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的範圍為

則
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更一般的情況：

                               切割後再利用前述線性性質相加
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Ex 1. 計算
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其中
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Sol'n：
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 EMBED Equation.DSMT4  [image: image23.wmf]
4. 極座標中的重積分
若積分在區域R
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圖中黑色小塊面積約為
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或
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若積分區域
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5. 直角座標與極座標間的變換
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當
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可簡化計算

Ex 2. 計算
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Sol'n：
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6. 三重積分
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，T為一立體區域
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T的平均密度
[image: image45.wmf]1

(,,)

T

M

xyzdxdydz

vv

rr

==

òòò


T的質心座標
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[image: image50.wmf]121212

{(,,):()()(,)(,)}

Txyzaxaxyxxyzxy

ffjj

=££££££

，，


則積分時依序積分
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Ex 3. T的上界為
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Sol'n：二曲面交集為
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積分區域在
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P. 3

[image: image69.png]1S, y)

| .

J

T
I
I
I
4-=-=7
/

/
/

/
/

f——————-—
/1 |
7 1
/
/
/
A ey



[image: image70.png]


_1175498301.unknown

_1175507666.unknown

_1175507747.unknown

_1175507770.unknown

_1175507782.unknown

_1175507798.unknown

_1175507758.unknown

_1175507698.unknown

_1175507711.unknown

_1175507721.unknown

_1175507680.unknown

_1175499581.unknown

_1175499729.unknown

_1175499808.unknown

_1175499810.unknown

_1175507649.unknown

_1175499807.unknown

_1175499659.unknown

_1175499723.unknown

_1175499699.unknown

_1175499590.unknown

_1175499504.unknown

_1175499517.unknown

_1175499573.unknown

_1175499511.unknown

_1175499240.unknown

_1175499401.unknown

_1175499484.unknown

_1175499389.unknown

_1175498384.unknown

_1175371625.unknown

_1175439301.unknown

_1175497306.unknown

_1175498114.unknown

_1175497193.unknown

_1175373123.unknown

_1175373214.unknown

_1175378071.bin

_1175439285.unknown

_1175377985.bin

_1175373136.unknown

_1175372947.unknown

_1175373058.unknown

_1175371669.unknown

_1175370806.unknown

_1175371082.unknown

_1175371145.unknown

_1175371180.unknown

_1175371577.unknown

_1175371153.unknown

_1175371109.unknown

_1175370889.unknown

_1175371048.unknown

_1175370872.unknown

_1175370483.unknown

_1175370496.unknown

_1175370570.unknown

_1175370490.unknown

_1175370290.unknown

_1175370300.unknown

_1175370280.unknown

